
Supporting Information Guide

This Supporting Information Guide helps understand the numerical illustrations provided as supporting informa-
tion for the article “A new input-output table built from neoclassical analysis that considers economic rent”. The
calculations are presented in an Excel file entitled “Numerical illustrations” to illustrate the theoretical proposal in
the article.

The example is done with an economy with three input goods and two final goods, where each good is
produced by two firms. The first sheet entitled “General” provides the new input-output table (NT), the new table
of coefficients (NTC) and the underlying optimization process of each of the 10 firms. The second sheet entitled
“Government” provides the NT, NTC and underlying optimization processes when there is a government levying
rent and lump sum taxes. The third and last sheet entitled “Foreign trade” provides the NT, NTC and underlying
optimization processes when there is a government and foreign trade. In this sheet there are two more exporting
firms. Imports are exogenous.

Within each sheet, sections colored in green are used to order the content.

Sheet 1: General

Section 1.1. General

(Row 4) The first box contains the (exogenous) price and the (endogenous) quantity of each of the five
goods in the exemplified economy.

(Row 11) The second box contains the NT, which is built using equation (8) from the article. The equation
provides industry-wide relations stemming from firm-level optimization processes described in the following
sections.

(Row 20) The third box contains the NTC, which is built using equation (9) from the article. This equa-
tion also provides industry-wide relations stemming from firm-level optimization processes described in the
following sections.

(Row 31) The fourth box contains the leontief inverse calculations, with matrices A and B, and vectors X

and Y as indicated in equation (11). The box verifies equations (11) and (12). LHS means Left Hand Side
and RHS means Right Hand Side of the equation.

(Row 45) The fifth and last box in this section verifies the relations stated in equations (13) and (14) of the
article, which relate final demand to rents.

Section 1.2. Input good 1

(Row 42) The first box contains the (exogenous) price of the three input goods, and indicates which of the
input goods is being studied in this section

(Row 47) The second box contains the production function used in this example. The function for each firm
is Q = f(q1, q2, q3) = A · qα1 · qβ2 · qγ3 , where Q is output, A is an exogenous technological parameter and qi is
the quantity of input good i = 1, 2, 3. The function is the same for both firms, yet the value of the parameters
are different which allows for different returns to scale.

(Row 52) The third box shows optimal derived demand for each input and for each firm. Such demands
are obtained starting from equation (2), obtaining marginal rates of transformation, and replacing in the
production function. Given the production function, doing so yields:
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The equations are the same for both firms, yet each has unique demands given differences in their A, α, β,
γ and Q.

(Row 57) The fourth box shows optimal supply. The column “optimal supply” shows the optimal output
resulting from replacing optimal derived demands in the production function. Doing so yields:

Q∗ =
[
A · αα · ββ · γγ · P (β+γ)

1 · P−β
2 · P−γ
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As a (perhaps trivial) consistency check, this is equivalent to directly replacing optimal derived demands in
the production function, which is shown in the column “Production function”.

(Row 62) The fifth box shows maximum rent or profit. The value is obtained by replacing optimal supply
and derived demands in the profit function such that

Π∗ = P1 ·Q∗ − P1 · q∗1 − P2 · q∗2 − P3 · q∗3

(Row 67) The sixth box shows the validity of equations (3), (4), (6) and (7) for both firms.

(Row 73) The seventh and last box shows industry-level income, expenses, rents and validates the relation
stated in equation (8) which is the basis of the NT.

All other sections (input goods 2 and 3, and final goods 1 and 2)

The details of each of the other industries in the Excel sheet “General” are strictly equivalent to those of
input good 1. Thus, to guide the revision of any other industry follow the description provided in the previous
section.

Sheet 2: Government

Section 2.1. General

(Row 4) The first box contains the (exogenous) price and the (endogenous) quantity of each of the five
goods in the exemplified economy as in the sheet “General”. The box also includes the rent and lump sum
taxes levied by the government.

(Row 11) The second box contains the NT built using equation (17) from the article. Here again, the
equation provides industry-wide relations stemming from firm-level optimization processes described in the
following sections. Government expenditure on each input is exogenous and only constrained to be equal
to total tax payments and to imply non-negative direct consumption by households.

(Row 21) The third box contains the NTC built using equation (18) from the article.

(Row 31) The fourth box contains the leontief inverse calculations. The novelty here is the vector G repre-
senting government expenditure as indicated in equation (19). The box verifies equations (19) and (20).
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(Row 35) The fifth and last box in this section verifies equations (21) and (22) of the article, which relate
final demand (now including government expenditure) to rents.

Section 2.2. Input good 1

The details of this industry in the Excel sheet “Government” are very similar to those in the Excel sheet
“General”, given that rent and lump sum taxed do not alter the firm´s FOCs, optimal derived demand,
not optimal supply. The differences begin to appear only in the fifth box. Only such differences will be
mentioned.

(Row 73) The fifth box contains the distribution of total rent between private rent and taxes. The rent
obtained by each firm is Π∗

k,p = (1 − τ)Pkq
s∗
k,p − Fk,p and the tax paid is Tk,p = τPkq

s∗
k,p + Fk,p such that the

sum of both equals the total rent Pkqs∗k,p.

(Row 78) The sixth box shows the validity of equation (16) instead of equation (6).

(Row 84) The seventh and last box shows industry-level income, expenses, government expenditure, private
rents and validates the relation stated in equation (17) which is the basis of the NT with government.

All other sections (input goods 2 and 3, and final goods 1 and 2)

The details of each of the other industries in sheet “Government” are strictly equivalent to those of input
good 1. Thus, to guide the revision of any other industry follow the description provided in the previous
sections.

Sheet 3: Foreing trade

Section 3.1. General

(Row 4) The first box contains the (exogenous) price and the (endogenous) quantity of each of the five
goods in the exemplified economy as in the sheet “General” and “Government”. The box also includes the
rent and lump sum taxes levied by the government and the trade balance which is assumed to be zero.

(Row 11) The second box contains the NT built using equation (17) from the article as described in the
sheet “Government”. The novelty here lays in the inclusion of export industries and imports. The total value
of imports is constrained to the total value of exports, and it is assumed that only input goods are imported.
The quantity of each input good imported is assumed to be the same, such that the difference in values
corresponds to their different prices. This is entirely arbitrary.

(Row 21) The third box contains the NTC built using equation (18) from the article but applied to an economy
with exports.

(Row 31) The fourth box contains the leontief inverse calculations. The novelty here are the vectors CZ

and M representing exports and imports. The box verifies equations (23) and (24).

All other sections (input goods 1, 2 and 3, final goods 1 and 2, and export goods 1 and 2)

The details of each industry in sheet “Foreign Trade”, including export industries, are strictly equivalent to
those in sheet “Government”. Thus, to guide the revision of any industry follow the description provided in
the previous sheet.
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